LASER INTERFEROMETER GRAVITATIONAL WAVE OBSERVATORY
- LIGO CALIFORNIA INSTITUTE OF TECHNOLOGY
MASSACHUSETTS INSTITUTE OF TECHNOLOGY

Technical Note

LIGO-T2000181-v2

2021/10/25

Nonlinear Regression of Technical
Noise in LIGO with Machine
Learning
Hang Yu, Zachary Mark, Rana X Adhikari
LIGO Laboratory,
California Institute of Technology

California Institute of Technology
LIGO Project, MS 100-36
Pasadena, CA 91125
Phone (626) 395-2129
Fax (626) 304-9834
E-mail: info@ligo.caltech.edu

Massachusetts Institute of Technology
LIGO Project, Room NW22-295
Cambridge, MA 02139
Phone (617) 253-4824
Fax (617) 253-7014
E-mail: info@ligo.mit.edu

WWW: http://www.ligo.caltech.edu/

LIGO-T2000181-v2

Contents
1 Introduction

3

2 Examples of Nonlinear Coupling Mechanisms

4

3 Noise regression with Neural Networks

5

4 Reinforcement Learning for Feedback Controls

6

A Astrophysical Motivations

7

page 2 of 12

LIGO-T2000181-v2

1

Introduction

Broadly speaking, the sensitivity of aLIGO is determined by two kinds of noise sources, an
unsubtractable one and a subtractable one. The former originates from quantum or thermal
fluctuations and shows up only in the main GW readout channel. It cannot be distinguished
from the GW signal and thus sets a fundamental limit of the instrument’s sensitivity. On the
other hand, the latter one is due to cross-couplings from the auxiliary control loops and/or
some environmental perturbations like the seismic motion. The perturbations causing excess
noises in DARM are also continuously recorded in (tens of thousands of) auxiliary channels,
and therefore can in principle be used to reconstruct and then clean up the contamination
showing up in the main GW readout.

F IGURE 1: Noise budget of aLIGO [1]. In the 10 – 100 Hz band, the sensitivity is limited by predictable noises
(i.e., noises that are not due to quantum or thermal fluctuations) and thus indicates a large room
of potential improvement. The ’Expected Noise’ trace is the quadrature sum of all budgeted noise
sources and ’Measure noise’ is the actual output of the LIGO detector.

In Figure 1 we show the noise budget of aLIGO in its first observing run [1]. As can be seen
from the plot, aLIGO’s sensitivity does not reach its fundamental limit set by the quantum
and thermal noises until 100 Hz. In fact, the total noise (the red "Measured Noise" trace
in Figure 1) in the 10 – 20 Hz band the noise is nearly two orders of magnitude above its
fundamental limit determined by the quantum (the grey "Quantum Noise" trace) and thermal
noise (the blue "Thermal Noise" trace).
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Our goal, as illustrated in the flow diagram in Figure 2, is to develop machine-learning-based
nonlinear regression techniques to remove the auxiliary channels’ contamination to the GW
channel, and hence improve the aLIGO sensitivity in the sub – 100 Hz band.

Main
output

IFO

GW h(t)
<latexit sha1_base64="iUTwr89+g17MjUqCysukd32hhio=">AAAB+XicbVBNS8NAEN3Ur1q/oh69LBahXkpSBT14KHjQYwX7AU0om+2mXbrZhN1JsYT+Ey8eFPHqP/Hmv3Hb5qCtDwYe780wMy9IBNfgON9WYW19Y3OruF3a2d3bP7APj1o6ThVlTRqLWHUCopngkjWBg2CdRDESBYK1g9HtzG+PmdI8lo8wSZgfkYHkIacEjNSzbQ/YE2R3bQ9P8bAC5z277FSdOfAqcXNSRjkaPfvL68c0jZgEKojWXddJwM+IAk4Fm5a8VLOE0BEZsK6hkkRM+9n88ik+M0ofh7EyJQHP1d8TGYm0nkSB6YwIDPWyNxP/87ophNd+xmWSApN0sShMBYYYz2LAfa4YBTExhFDFza2YDokiFExYJROCu/zyKmnVqu5FtfZwWa7f5HEU0Qk6RRXkoitUR/eogZqIojF6Rq/ozcqsF+vd+li0Fqx85hj9gfX5A1Yvksk=</latexit>

Quantum &
thermal fluctuations

Unsubtractable
noises sources:

n1
Subtractable
ones:
Aux. ctrl.;
environment;
…

n2
n3
n4

Linear
filtering;
Crosscoupling;
DC offsets…

x2
sin(x)

x1

<latexit sha1_base64="v1AJIkJRg1lL0Uq4uDqNCISb4mI=">AAAB6nicbVA9SwNBEJ2LXzF+RS1tFoNgFe6ioIVFwMYyovmA5Ax7m0myZG/v2N0Tw5GfYGOhiK2/yM5/4ya5QhMfDDzem2FmXhALro3rfju5ldW19Y38ZmFre2d3r7h/0NBRohjWWSQi1QqoRsEl1g03AluxQhoGApvB6HrqNx9RaR7JezOO0Q/pQPI+Z9RY6e7podItltyyOwNZJl5GSpCh1i1+dXoRS0KUhgmqddtzY+OnVBnOBE4KnURjTNmIDrBtqaQhaj+dnTohJ1bpkX6kbElDZurviZSGWo/DwHaG1Az1ojcV//Paielf+imXcWJQsvmifiKIicj0b9LjCpkRY0soU9zeStiQKsqMTadgQ/AWX14mjUrZOytXbs9L1assjjwcwTGcggcXUIUbqEEdGAzgGV7hzRHOi/PufMxbc042cwh/4Hz+AAsvjZ4=</latexit>

x2

<latexit sha1_base64="ieAdDIgnWiBm5VhhG6OGCXERhV4=">AAAB7nicbVA9SwNBEJ2LXzF+RS1tFoMQm3AXBS0sAjaWEcwHJEfY28wlS/b2jt09MYT8CBsLRWz9PXb+GzfJFZr4YODx3gwz84JEcG1c99vJra1vbG7ltws7u3v7B8XDo6aOU8WwwWIRq3ZANQousWG4EdhOFNIoENgKRrczv/WISvNYPphxgn5EB5KHnFFjpVZXc1l+Ou8VS27FnYOsEi8jJchQ7xW/uv2YpRFKwwTVuuO5ifEnVBnOBE4L3VRjQtmIDrBjqaQRan8yP3dKzqzSJ2GsbElD5urviQmNtB5Hge2MqBnqZW8m/ud1UhNe+xMuk9SgZItFYSqIicnsd9LnCpkRY0soU9zeStiQKsqMTahgQ/CWX14lzWrFu6hU7y9LtZssjjycwCmUwYMrqMEd1KEBDEbwDK/w5iTOi/PufCxac042cwx/4Hz+AMXkjy0=</latexit>

x3

tanh(x)
<latexit sha1_base64="Fu98m/bC2WOXD7tG3nIjBpE0xlo=">AAAB73icbVA9SwNBEJ3zM8avqKXNYhBiE+6ioIVFwMYygvmA5Ah7m02yZG/v3J0Tw5E/YWOhiK1/x85/4ya5QhMfDDzem2FmXhBLYdB1v52V1bX1jc3cVn57Z3dvv3Bw2DBRohmvs0hGuhVQw6VQvI4CJW/FmtMwkLwZjG6mfvORayMidY/jmPshHSjRF4yilVodpGpYejrrFopu2Z2BLBMvI0XIUOsWvjq9iCUhV8gkNabtuTH6KdUomOSTfCcxPKZsRAe8bamiITd+Ort3Qk6t0iP9SNtSSGbq74mUhsaMw8B2hhSHZtGbiv957QT7V34qVJwgV2y+qJ9IghGZPk96QnOGcmwJZVrYWwkbUk0Z2ojyNgRv8eVl0qiUvfNy5e6iWL3O4sjBMZxACTy4hCrcQg3qwEDCM7zCm/PgvDjvzse8dcXJZo7gD5zPH4Cjj5g=</latexit>

x4

xy
<latexit sha1_base64="mFV1gyVbWB+uWSa7aYp8P1aMB30=">AAAB6XicbVA9SwNBEJ3zM8avqKXNYhCswl0UtLAI2FhGMR+QHGFvs5cs2ds7dufEcOQf2FgoYus/svPfuEmu0MQHA4/3ZpiZFyRSGHTdb2dldW19Y7OwVdze2d3bLx0cNk2casYbLJaxbgfUcCkUb6BAyduJ5jQKJG8Fo5up33rk2ohYPeA44X5EB0qEglG00v3TuFcquxV3BrJMvJyUIUe9V/rq9mOWRlwhk9SYjucm6GdUo2CST4rd1PCEshEd8I6likbc+Nns0gk5tUqfhLG2pZDM1N8TGY2MGUeB7YwoDs2iNxX/8zophld+JlSSIldsvihMJcGYTN8mfaE5Qzm2hDIt7K2EDammDG04RRuCt/jyMmlWK955pXp3Ua5d53EU4BhO4Aw8uIQa3EIdGsAghGd4hTdn5Lw4787HvHXFyWeO4A+czx/CiI19</latexit>

<latexit sha1_base64="RNmPaHEOgvSiKdcrL34iHcEKx0I=">AAACFXicbVDLSsNAFJ3UV42vqEs3g0VxISFpK7pwUXDjsoJ9QBPCZDpth04mYWYilNCfcOOvuHGhiFvBnX/jNM1CWy8M53DOvdy5J0wYlcpxvo3Syura+kZ509za3tnds/YP2jJOBSYtHLNYdEMkCaOctBRVjHQTQVAUMtIJxzczv/NAhKQxv1eThPgRGnI6oBgpLQXW+SkPXOh5psZqgbUC6wVe5GjbdmBVHNvJCy4TtyAVUFQzsL68fozTiHCFGZKy5zqJ8jMkFMWMTE0vlSRBeIyGpKcpRxGRfpZfNYUnWunDQSz04wrm6u+JDEVSTqJQd0ZIjeSiNxP/83qpGlz5GeVJqgjH80WDlEEVw1lEsE8FwYpNNEFYUP1XiEdIIKx0kKYOwV08eZm0q7Zbs6t39UrjuoijDI7AMTgDLrgEDXALmqAFMHgEz+AVvBlPxovxbnzMW0tGMXMI/pTx+QNHnJk5</latexit>

n5

x5

...

...
<latexit sha1_base64="dBMfSpmnh6OV1UaCEDX+7CyVzYk=">AAACFXicbVDLSsNAFJ34rPEVdelmsCguJCRtRRcuCm5cVrAPaEKYTCft0MkkzEzEUvoTbvwVNy4UcSu482+cpllo64XhHM65lzv3hCmjUjnOt7G0vLK6tl7aMDe3tnd2rb39lkwygUkTJywRnRBJwignTUUVI51UEBSHjLTD4fXUb98TIWnC79QoJX6M+pxGFCOlpcA6O3kIXOh5psZKgdUCawWe52jbdmCVHdvJCy4StyBlUFQjsL68XoKzmHCFGZKy6zqp8sdIKIoZmZheJkmK8BD1SVdTjmIi/XF+1QQea6UHo0ToxxXM1d8TYxRLOYpD3RkjNZDz3lT8z+tmKrr0x5SnmSIczxZFGYMqgdOIYI8KghUbaYKwoPqvEA+QQFjpIE0dgjt/8iJpVWy3aldua+X6VRFHCRyCI3AKXHAB6uAGNEATYPAInsEreDOejBfj3fiYtS4ZxcwB+FPG5w+YeJlr</latexit>

Want
0!

...
<latexit sha1_base64="6UsBBhjdPx9/ZuXPJH44t229jZg=">AAAB6nicbVA9SwNBEJ2LXzF+RS1tFoNgddxFQQuLgI1lRPMByRH2NnPJkr29Y3dPCCE/wcZCEVt/kZ3/xk1yhSY+GHi8N8PMvDAVXBvP+3YKa+sbm1vF7dLO7t7+QfnwqKmTTDFssEQkqh1SjYJLbBhuBLZThTQOBbbC0e3Mbz2h0jyRj2acYhDTgeQRZ9RY6cF13V654rneHGSV+DmpQI56r/zV7Scsi1EaJqjWHd9LTTChynAmcFrqZhpTykZ0gB1LJY1RB5P5qVNyZpU+iRJlSxoyV39PTGis9TgObWdMzVAvezPxP6+Tmeg6mHCZZgYlWyyKMkFMQmZ/kz5XyIwYW0KZ4vZWwoZUUWZsOiUbgr/88ippVl3/wq3eX1ZqN3kcRTiBUzgHH66gBndQhwYwGMAzvMKbI5wX5935WLQWnHzmGP7A+fwBS2SNIA==</latexit>

Nonlinear regression
(e.g., machine learning)
F IGURE 2: Flow diagram of signal and noise propagation. While the original perturbations of the subtractable
noises are recorded, identifying their couplings to the main GW readout is challenging. In part,
this is due to the large number of channels involved (thousands to tens of thousands). More
importantly, the couplings often have both linear and nonlinear components, and hence cannot
be removed with classical linear regression methods. Instead, our goal is to develop machinelearning-based nonlinear regression techniques to use time series from the auxiliary channels to
construct the disturbance and then remove it from the main GW readout.

2

Examples of Nonlinear Coupling Mechanisms

How a noise source propagates to the main GW readout is often a complicated (and sometimes
unknown) process. We show in Figure 3 two examples of typical nonlinear noise coupling
that happens in aLIGO.
In the left panel, the angular motion of the mirror and the beam spot motion can couple
to create a length signal that mimics the GW. If the beam spot is displaced ∆ y from the
rotational pivot and the mirror is rotated by ∆θ , it creates a fluctuation in length, ∆L,

∆L( t) = ∆ y( t)∆θ ( t)
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where the quantities are defined in Figure 3a. In this case, the contamination is the product
of two auxillary noise sources (LIGO doesn’t directly measure ∆ y but it can be inferred from
other channels).
Another important noise is due to backscattering, which is illustrated in the right panel.
Because of defects of a mirror’s surface, it can scatter off some light from the main beam (in
Figure 3b this occurs at the end test mass EX, but it can also occur at other optics). The stray
lights may reflect upon some scattering objects (e.g., chamber walls) and recombined to the
main beam. This process creates light fields ∆E whose phase is shifted with respect to the
main field E 0 by an amount of
·
¸
∆E
∆ x( t)
( t) ∝ exp 4πi
,
(2)
E0
λ
where λ is the laser’s wavelength and ∆ x( t) is the relative displacement between the mirror
and scattering objects. When ∆ x( t) & λ, the scattered field ∆E ( t) becomes nonlinear and can
up-scatter the large, low-frequency seismic motion into the band of GW readout.

( A ) Coupling of mirrors’ angular fluctuations to GW strain [2].

( B ) Laser light scattered out of the main interferometer by roughness of the mirrors recombines with the main system after
being modulated by environmental vibrations [3, 4, 5].

F IGURE 3: Examples of nonlinear noise coupling in LIGO.

3

Noise regression with Neural Networks

Before tackling real data, we simplify the problem by working with mock data sets that
mimic the real interferometer. Each of our mock data sets consists of:
• A target channel, which is a time-series containing simulated noise in the GW
readout, also called DARM in the context of interferometers.
• Witness channels, which are the time series necessary to predict the target channel.
They correspond to a subset of hundreds to thousands of auxiliary channels in LIGO.
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• A cost function, which can be either the root-mean-squared (RMS) value of the
cleaned DARM time-series, or the power spectral density of DARM with appropriate
frequency-dependent weighting.
We increase the complexity of the mock data sets as we have success. Some of the complications built into are mock data sets include:
• Imperfect witnesses. Certain quantities like the beam’s location on a mirror or the
motion of the exact scattering point (as we don’t know its exact location), are often
not directly measured. Instead, they themselves need to be first inferred from other
channels (e.g., the spot location on a mirror may be contained in a combination of
seismometers and angular sensors; the motion of the unknown scattering point can be
interpolated from a sets of accelerometers nearby).
• Frequency dependent filtering. The auxillary channels (which are measured in
digital counts) often require linear, frequency-dependent filtering to become physically
relevant quantities like the longitudinal or angular motion of the mirror.
We try to find a neural network that can efficiently predict the target channel from the
witness channels for all of our mock data sets. So far we have found that
• 1D convolutional neural networks perform well, especially for learning phase shifts
and frequency-dependent filtering.
• Dense layers with nonlinear activation functions are useful for learning nonlinear
couplings between channels
• Dropout layers are necessary to prevent overfitting.
Besides brute-force deep filtering with a generic nonlinear activation function, a promising
direction to further enhance the performance of a neural network is to utilize our knowledge
(section 2) of the physical model into the design of the network.

4

Reinforcement Learning for Feedback Controls
1. the LIGO control systems are generally static, linear, and designed ‘by hand’
2. the noise below 60 Hz is polluted by noise from these control systems
(a) this is mostly due to the angular controls
(b) feedback to the Signal Recycling mirror also contributes
3. better feedback/feedforward should be able to reduce this noise
(a) possibly through design of a better linear controller
(b) more likely through non-linear feedback
A toy example would be an adaptive controller whose control bandwidth is adjusted
according to the RMS motion of the input disturbance.
(c) nonlinear synthesis of the loop error signal incorporating environmental signals
(d) similar to many of the ‘Classic Control’ problems in the openai framework
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4. better and more robust feedback control is necessary if we want to increase the power
input to LIGO to reduce its high-frequency shot noise.
5. need to define the cost function correctly
6. LIGO team needs to define the opto-mechanical plant better
7. the control should be performed in a multiple-input-multiple-output sense

A

Astrophysical Motivations

Astrophysically, removing the excess noise in the sub – 100 Hz band will have significant
outcomes, including
• detecting intermediate-mass black holes (IMBHs);
• early-warning of binary neutron star (BNS) mergers;
• constraining binary black hole (BBH) formation channel via eccentricity measurements;
• and many more.
For example, the gravitational-wave signal of a black hole binary has a characteristic frequency scale given by
µ
¶µ
¶
3
100 M¯
f merger ' 40
Hz,
(3)
1+ z
Mtot
where z is the cosmological redshift and Mtot is the total mass of the system. Therefore,
in order to detect massive binaries (especially those including at least one IMBH) at high
cosmological redshifts, it is critical to improve the low-frequency sensitivity that is limited by
predictable noises.
More quantitatively, we note that the singal-to-nosie ratio (SNR) of a GW event can be
written as
Z
f h∗ ( f ) h( f )
2
d log f ,
(4)
SNR = 4
Sn ( f )
where h( f ) is the frequency-domain GW waveform and S n ( f ) is the power spectral density of
the noise. We can hence define
f | h( f )|2
ρ2 ≡ 4
,
(5)
Sn ( f )
as a density that measures the contribution to the total SNR per log f .
We show the detection horizon (the distance at which a GW event has an SNR≥ 8 with
optimal orientation) as a function of the detector-frame total mass in Fig. 4 (assuming the
binary has an equal mass). In order to detect systems with (1 + z) Mtot & 300 M¯ , (which can
be intrinsically massive systems involving IMBHs or can be systems at high cosmological
redshift), it is critical to improve the low-frequency sensitivity. For a system with total mass
of (1 + z) Mtot = 300 M¯ in the detector frame, the SNR can be improved by 40% if our machine
learning technique eventually cleans contamination in the low-frequency region. This means
amplifying the search volume of such systems by a factor of ∼ 1.43 ' 2.7.
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F IGURE 4: Detection horizon as a function of the detector-frame total mass of a binary. Here we further
assume the binary has an equal mass. The low-frequency sensitivity plays a crucial role in the
detection of systems with (1 + z) Mtot & 300 M¯ .
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Enhancing the low-frequency sensitivity also allows us to detect a signal at an earlier time.
This is because the time to merger t m is given by
Mc
t m = 87 s
M¯
µ

¶−5/3 µ

f
25 Hz

¶−8/3

,

(6)

where M c is the chirp mass of the binary.
In Fig. 5 we show the cumulative SNR as a function of the time to merger t m . If we can open
up the low-frequency window, it means we would potentially be able to catch a BNS signal
O (100) s prior to its final merger [6]. This would allow us to detect not only the post-merger
kilonova, but also precursor electromagnatic signals [7, 8, 9, 10, 11].

Cumulative SNR for BNS (1.4 M , 1.4 M )
Frequency [Hz]
10
20
30
60
100

Normalized SNR

100

O3 sensitivity
aLIGO design
A+ (Sqz only)

10−1

103

300

100

30
tm [sec]

10

3

1

F IGURE 5: Cumulative SNR of a BNS event as function of the time to merger. We also show the corresponding
GW frequency in the top x-axis.

Moreover, the sub-100 Hz sensitivity contains valuable information about a BBH’s origin.
If it is formed via a dynamical channel, it may have small residual eccentricity when it
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enters LIGO’s sensitivity band, whereas a BBH formed from an isolated binary should have a
circular orbit [12]. Therefore, detecting the a BBH’s eccentricity could serve as a smoking-gun
evidence of its formation channel.

Characteristic Strain hc

In Fig. 6, we compare the characteristic strain of an eccentric BBH with the background
instrumental noise [13]. For a circular BBH under the quadrupole formula, the GW emits
only via the n = 2 harmonic (that is, the GW frequency is twice the orbital frequency). When
e > 0, the GW can also be emitted via other harmonics (such as the n = 1 and n = 3 ones
shown in the plot). On the other hand, GW radiation is efficient in terms of circularizing the
orbit, causing the emission at other harmonics to decay quickly [14]. As a result, detecting
n 6= 2 harmonics rely critically on the low-frequency sensitivity of the instrument.

O3
aLIGO
A+

10−21
n=2

10

n=3

−22

n=1

10−23
101

102
Frequency [Hz]

F IGURE 6: Comparison
p of the characteristic strains of an eccentric BBH merger and the instrumental noise

(shown in f S n ). The binary has M1 = M2 = 30 M¯ and an eccentricity of e = 0.5 when f orb = 1 Hz
and e = 0.14 when f orb = 5 Hz. Here f orb is the orbital frequency. The evolution is terminated at
the inner most stable orbit. In order to detect the eccentricity, one need to detect the harmonics
other than the n = 2 one.
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